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Íåõàé N i R � ìíîæèíè íàòóðàëüíèõ i äiéñíèõ ÷èñåë âiäïîâiäíî, C
� êîìïëåêñíà ïëîùèíà, i íåõàé C = C

⋃
{∞} � ðîçøèðåíà êîìïëåêñíà

ïëîùèíà, R+ = (0,∞).
Íåõàé ôóíêöiÿ f(z), ìåðîìîðôíà â êðóçi |z| < 1, îäíîëèñòî âiäîáðà-

æà¹ êðóã |z| < 1 íà îáëàñòü B ⊂ C òàê, ùî f(0) = a, äå a ∈ B.

Îçíà÷åííÿ 1. Âåëè÷èíà R(B, a) = |f ′(0)| íàçèâà¹òüñÿ êîíôîðìíèì
ðàäióñîì îáëàñòi B â òî÷öi a.

Â öié äîïîâiäi âèâ÷à¹òüñÿ íàñòóïíà ïðîáëåìà, âïåðøå ñôîðìóëüîâàíà
â ðîáîòi [1]:

Ïðîáëåìà 1. Íåõàé n - äåÿêå íàòóàëüíå ÷èñëî, n ≥ 3, αk, k = 1, n -
äåÿêi äîäàòíi äiéñíi ÷èñëà; ak, k = 1, n - äåÿêèé íàáið òî÷îê êîìïëåêñíî¨
ïëîùèíè. Çíàéòè ìàêñèìóì íàñòóïíîãî äîáóòêó:

n∏
k=1

(R(Bk, ak))
αk . (1)

äå Bk, k = 1, n, - äîâiëüíèé íàáið îáëàñòåé, òàêèõ, ùî ak ∈ Bk, k = 1, n,
Bi ∩Bj = ∅, i ̸= j.

Ïðàâèëüíèìè ¹ íàñòóïíi ðåçóëüòàòè.

Òåîðåìà 1. [2] Íåõàé n - äåÿêå íàòóðàëüíå ÷èñëî, n ≥ 3, ak, k =
1, n, äåÿêèé íàáið ôiêñîâàíèõ òî÷îê êîìïëåêñíî¨ ïëîùèíè i íåõàé γk, k =

1, n - äåÿêi äîäàòíi äiéñíi ÷èñëà, ïðè÷îìó γk ≥

n∑
k=1

γk

2n−2 äëÿ ∀k = 1, n. Òîäi

äëÿ äîâiëüíîãî íàáîðó îäíîçâ'ÿçíèõ îáëàñòåé Bk ⊂ C, k = 1, n, òàêèõ,
ùî ak ∈ Bk, k = 1, n, Bi ∩Bj = ∅, i ̸= j, ïðàâèëüíà íàñòóïíà íåðiâíiñòü:

n∏
k=1

(R(Bk, ak))
γk ≤ (n− 1)

− 1
4

n∑
k=1

γk
n∏

i,j=1,i<j

|aj − ai|
2

n−2 (γi+γj− 1
n−1

n∑
k=1

γk)
.
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Òåîðåìà 2. Íåõàé n - äåÿêå íàòóðàëüíå ÷èñëî, n ≥ 3, ak, k = 1, n �
äåÿêèé íàáið ôiêñîâàíèõ òî÷îê êîìïëåêñíî¨ ïëîùèíè, αk, θk, k = 1, n �
äåÿêi äîäàòíi äiéñíi ÷èñëà, ïðè÷îìó αk ≥ θk ∀k = 1, n. Òîäi äëÿ äîâiëüíîãî
íàáîðó îäíîçâ'ÿçíèõ îáëàñòåé Bk ⊂ C, k = 1, n, òàêèõ, ùî ak ∈ Bk,
k = 1, n, Bi ∩Bj = ∅, i ̸= j ïðàâèëüíà íàñòóïíà íåðiâíiñòü:

n∏
k=1

(R(Bk, ak))
αk ≤ (n− 1)−

n∑
k=1

(αk−θk)

4 ·

·
n∏

i,j=1,i<j

|aj − ai|
2

n−2

αi+αj−θi−θj−

n∑
k=1

(αk−θk)

n−1

 n∏
k=1

(R(Bk, ak))
θk .

(2)

Íåðiâíiñòü, íàâåäåíà â òåîðåìi 2, äîçâîëÿ¹ îöiíþâàòè âèðàç (1) äëÿ
äåÿêîãî íàáîðó ñòåïåíiâ αk, ìàþ÷è çíà÷åííÿ äàíîãî âèðàçó äëÿ iíøîãî
íàáîðó ñòåïåíiâ.
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Estimates of the products of some powers of the conformal radii of

simply-connected domains

In this talk one problem of geometric function theory about the extreme partition

of the complex plane is considered, and as a result some estimates of maximum

of the product of some powers of conformal radii of n disjoint simply-connected

domains with respect to n arbitrary points of complex plane are obtained.
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