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Àíàëiòè÷íi ôóíêöi¨ ó íåñêií÷åííîâèìiðíèõ ïðîñòîðàõ âèêëèêàþòü ií-
òåðåñ ó áàãàòüîõ äîñëiäíèêiâ íåëiíiéíîãî ôóíêöiîíàëüíîãî àíàëiçó âïðî-
äîâæ êiëüêîõ îñòàííiõ äåñÿòèði÷. ×åðåç âiäñóòíiñòü ëîêàëüíî¨ êîìïàêòíî-
ñòi ó íåñêií÷åííîâèìiðíîìó áàíàõîâîìó ïðîñòîði, àíàëiòè÷íi ôóíêöi¨ ìî-
æóòü ìàòè äîñèòü ñêëàäíó ïðèðîäó òà íåñïîäiâàíi âëàñòèâîñòi.

Àëãåáðè âñiõ àíàëiòè÷íèõ ôóíêöié H(X) íà áàíàõîâîìó ïðîñòîði X
äîñëiäæóâàëèñÿ ó ðîáîòàõ Ë. Íàõáiíà, Õ. Ìóõiêè, Ì. Øàòåíëîãåðà òà
iíøèõ. Ïðè öüîìó áóëî âñòàíîâëåíî: ÿêùî X � íåñêií÷åííîâèìiðíèé, òî
àëãåáðà H(X) ¹ íåìåòðèçîâíîþ i â H(X) çàâæäè iñíó¹ ôóíêöiÿ, ÿêà ¹
íåîáìåæåíîþ íà äåÿêié îáìåæåíié ìíîæèíi (ôóêöiÿ íåîáìåæåíîãî òèïó).

Â ðîáîòàõ Ð. Àðîíà, Á. Êîóëà, Ò. Ãàìåëiíà áóëî âèäiëåíî ïiäàëãå-
áðó Hb(X) ⊂ H(X) ôóíêöié îáìåæåíîãî òèïó, òîáòî Hb(X) ñêëàäà¹òüñÿ
ç óñiõ öiëèõ àíàëiòè÷íèõ ôóíêöié íà ïðîñòîði X, ÿêi ¹ îáìåæåíèìè íà
âñiõ îáìåæåíèõ ìíîæèíàõ ïðîñòîðó X. Aëãåáðà ¹ ìåòðèçîâàíîþ (àëãå-
áðîþ Ôðåøå) i ¨¨ âëàñòèâîñòi âäàëîñü äîñèòü ïîâíî îïèñàòè ó ñåði¨ ñòàòåé
íèçêè àâòîðiâ. Òàê, ó ðîáîòàõ Ð. Àðîíà, Ï. Áåðíåðà, À. Äàâi¹, Ò. Ãàìåëiíà
áóëî âñòàíîâëåíî, ùî êîæíà àíàëiòè÷íà ôóíêöiÿ f îáìåæåíîãî òèïó ìîæå
áóòè ïðîäîâæåíà äî àíàëiòè÷íî¨ ôóíêöi¨ îáìåæåíîãî òèïó f̃ íà äðóãîìó
ñïðÿæåíîìó ïðîñòîði X ′′ i îïåðàòîð ïðîäîâæåííÿ f −→ f̃ ¹ ãîìîìîðôi-
çìîì ìiæ àëãåáðàìè Ôðåøå Hb(X) i Hb(X

′′).
Ïðè äîñëiäæåííi êîìóòàòèâíèõ òîïîëîãi÷íèõ àëãåáð âàæëèâî âìiòè

îïèñàòè ìíîæèíó êîìïëåêñíîçíà÷íèõ ãîìîìîðôiçìiâ (ñïåêòð) öi¹¨ àëãå-
áðè. Ó âèïàäêó àëãåáð àíàëiòè÷íèõ ôóíêöié íà áàíàõîâîìó ïðîñòîði X
ïðèðîäíiìè ãîìîìîðôiçìàìè ¹ ôóíêöiîíàëè, ÿêi ôóíêöi¨ f ñòàâëÿòü ó
âiäïîâiäíiñòü ¨¨ çíà÷åííÿ â òî÷êàõ x ∈ X (ôóíêöiîíàëè çíà÷åíü â òî÷êàõ
ïðîñòîðó). Âiäîìî, ùî äëÿ áàãàòüîõ âèïàäêiâ ñïåêòð àëãåáðè H(X) îáìå-
æó¹òüñÿ ìíîæèíîþ ôóíêöiîíàëiâ çíà÷åíü â òî÷êàõ ïðîñòîðó X. Ïðîòå, ó
âèïàäêó àëãåáðè Hb(X), åëåìåíòàìè ñïåêòðà ¹ ôóíêöiîíàëè çíà÷åíü ïðî-

äîâæåííÿ Àðîíà-Áåðíåðà f̃ ôóíêöi¨ f ó òî÷êàõ X ′′. Êðiì òîãî, ó ðîáîòàõ
äîïîâiäà÷à ïîêàçàíî, ùî äëÿ ïîâíîãî îïèñó ñïåêòðà àëãåáðè Hb(X) ñëiä
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áðàòè äî óâàãè òî÷êè äðóãîãî ñïðÿæåíîãî äî ñèìåòðè÷íîãî ïðîåêòèâíîãî
n-ãî òåíçîðíîãî ñòåïåíÿ ïðîñòîðó X, n ∈ N.

Ïiäàëãåáðè àëãåáð Hb(X), çîêðåìà àëãåáðè ñèìåòðè÷íèõ àíàëiòè-
÷íèõ ôóíêöié îáìåæåíîãî òèïó, äîñëiäæóâàëèñÿ ó ðîáîòàõ Ð. Àëåíêà-
ðà, Ð. Àðîíà, Ï. Ãàëiíäî, Ì. Ìàåñòðà, Ä. Ãàðñiÿ i ó ïðàöÿõ ïðåäñòàâíè-
êiâ Ëüâiâñüêî¨ òà Iâàíî-Ôðàíêiâñüêî¨ ìàòåìàòè÷íèõ øêië (Î.Â. Ëîïóøàí-
ñüêèé, I.Â. ×åðíåãà, Ç.Ã. Íîâîñàä, Ò.Â. Âàñèëèøèí, Â.Â. Êðàâöiâ òà ií.).

Ó äîïîâiäi áóäå ïðåäñòàâäåíî ðåçóëüòàòè ñòîñîâíî ïiäàëãåáð ñèìå-
òðè÷íèõ i ñóïåðñèìåòðè÷íèõ àíàëiòè÷íèõ ôóíêöié íà ïðîñòîðàõ ç ñè-
ìåòðè÷íèì áàçèñîì òà àëãåáð, ïîðîäæåíèõ ïîñëiäîâíîñòÿìè ïîëiíîìiâ.
Çîêðåìà, áóäå îïèñàíî ñïåêòðè äåÿêèõ àëãåáð ñèìåòðè÷íèõ àíàëiòè÷íèõ
ôóíêöié òà íàãîëîøåíî íà âiäêðèòèõ ïðîáëåìàõ ó öüîìó íàïðÿìêó.

Àâòîð âèñëîâëþ¹ ïîäÿêó Íàöiîíàëüíîìó ôîíäó äîñëiäæåíü Óêðà¨íè
çà ïiäòðèìêó äîñëiäæåíü â ðàìêàõ ïðî¹êòó 2020.02/0025.

1. Chernega I., Zagorodnyuk A. Supersymmetric Polynomials and a Ring of Multisets
of a Banach Algebra // Axioms. � 2022. � Vol. 11, 511.

2. Chernega I., Zagorodnyuk A. Unbounded symmetric analytic functions on ℓ1 //
Mathematica Scandinavica. � 2018. � Vol. 122. � P. 84�90.

3. Chernega I., Holubchak O., Novosad Z., Zagorodnyuk A. Continuity and hypercycli-
city of composition operators on algebras of symmetric analytic functions on Banach
spaces // Eur. J. Math. � 2020. � Vol. 6. � P. 153�163.

4. Chopyuk Y., Vasylyshyn T., Zagorodnyuk A. Rings of Multisets and Integer Multi-
numbers // Mathematics. � 2022. � Vol. 10, 778.

5. Galindo P., Vasylyshyn T., Zagorodnyuk A. Analytic structure on the spectrum of
the algebra of symmetric analytic functions on L∞ // RACSAM. - 2020. - Vol. 114,
56.

6. Galindo P., Vasylyshyn T., Zagorodnyuk A. Symmetric and �nitely symmetric
polynomials on the spaces ℓ∞ and L∞[0,+∞] // Mathematische Nachrichten. - 2018.
- Vol. 291. - P. 1712-1726.

7. Halushchak S.I. Spectra of some algebras of entire functions of bounded type,
generated by a sequence of polynomials // Carpathian Math. Publ. - 2019. - Vol. 11.
- P. 311-320.

8. Zagorodnyuk A., Hihliuk A. Entire analytic functions of unbounded type on Banach
spaces and their lineability // Axioms. - 2021. - Vol. 10. - 150.

9. Lopushansky O., Zagorodnyuk A. In�nite Dimensional Holomorphy: Spectra and
Hilbertian Structures. - Krakow: AGH University Press, 2013. - 142 p.

STUDY OF ALGEBRAS OF ANALYTIC FUNCTIONS ON

INFINITE-DIMENSIONAL BANACH SPACES

The report will present results regarding subalgebras of symmetric and

supersymmetric analytic functions on spaces with a symmetric basis and algebras

generated by sequences of polynomials. In particular, the spectra of some algebras

of symmetric analytic functions will be described and open problems in this di-

rection will be emphasized.
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