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Let X and Y be nonempty sets. Let F be a set of mappings which act
from X to itself. A function f : X → Y is called F -symmetric if f(a(x)) =
f(x) for every a ∈ F and x ∈ X.

Let F = {Fα : α ∈ Λ} be a family of sets Fα of mappings which act
from X to itself, indexed by elements of some index set Λ, such that for every
α, β ∈ Λ there exists γ ∈ Λ such that Fγ ⊂ Fα ∩Fβ . A function f : X → Y is
called F-weakly symmetric if there exists α ∈ Λ such that f is Fα-symmetric.

Let Lp[0, 1], where p ∈ [1,+∞), be the complex Banach space of all
Lebesgue measurable functions x : [0, 1] → C for which the pth power of the
absolute value is Lebesgue integrable with norm

∥x∥p =
(∫

[0,1]

|x(t)|p dt
)1/p

.

Let n ∈ N. Let Ξ
(n)
[0,1] be the set of all bijections σ : [0, 1] → [0, 1] such

that
σ(t+ 1/n) = σ(t) + 1/n

for every t ∈ [0, 1 − 1/n] and, for every Lebesgue measurable set E ⊂ [0, 1],
both sets σ(E) and σ−1(E) are Lebesgue measurable and

µ
(
σ(E)

)
= µ

(
σ−1(E)

)
= µ(E),

where µ is the Lebesgue measure.

Let n ∈ N and p ∈ [1,+∞). For σ ∈ Ξ
(n)
[0,1], let the operator sσ,p be

de�ned by
sσ,p : x ∈ Lp[0, 1] 7→ x ◦ σ ∈ Lp[0, 1].

Let Sn,p =
{
sσ,p : σ ∈ Ξ

(n)
[0,1]

}
and Sp =

{
S2n,p : n ∈ N

}
. We shall consider

Sp-weakly symmetric functions on Lp[0, 1].
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