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Íåõàé (q0; q1; ...; qs−1) � ñòîõàñòè÷íèé âåêòîð ç ñòðîãî äîäàòíèìè êî-
îðäèíàòàìè. Âiäîìî [3], ùî äëÿ äîâiëüíîãî äiéñíîãî ÷èñëà x ∈ [0; 1] iñíó¹
ïîñëiäîâíiñòü ÷èñåë (â ïîäàëüøîìó öèôð) αn ∈ {0; 1; ...; s − 1}, ∀n ∈ N
òàêà, ùî

x =

+∞∑
n=1

βαn · qαn−1 · qαn−2 · . . . · qα1 , (1)

äå β0 = 0, β1 = q0, . . . , βs−1 = q0 + q1 + ...+ qs−2.
Ðiâíiñòü (1) íàçèâà¹òüñÿ Qs-ïðåäñòàâëåííÿì äiéñíîãî ÷èñëà x. Âiä-

ïîâiäíå Qs-çîáðàæåííÿ ÷èñëà x ìà¹ âèãëÿä :

x = ∆Qs
α1α2α3...αn....

Iñíó¹ ç÷èñëåííà ìíîæèíà ÷èñåë âèäó ∆Qs

α1α2α3...αn(0)
, ÿêi ìàþòü äâà ïðåä-

ñòàâëåííÿ i âiäïîâiäíî çîáðàæåííÿ. Íåõàé Nk(x; j) � êiëüêiñòü öèôð j
ñåðåä öèôð α1, α2, . . . , αk. ßêùî iñíó¹ ãðàíèöÿ

lim
k→∞

Nk(x; j)

k

òî âîíà íàçèâà¹òüñÿ ÷àñòîòîþ öèôðè j Qs-çîáðàæåííÿ ÷èñëà x òà ïîçíà-
÷à¹òüñÿ νj(x).

Òåîðåìà 1. Iñíó¹ íóëüìiðíà çà Ëåáåãîì, êîíòèíóàëüíà, âñþäó ùiëü-
íà íà [0; 1] ìíîæèíà ÷èñåë x ∈ [0; 1] òàêèõ, ùî

ν0(x) = x,

ïðè ÷îìó iñíóþòü ÷àñòîòè öèôð 1, 2, . . . , s− 1 ÷èñëà x.
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Òåîðåìà 2. Íåõàé A � ìíîæèíà ñòîõàñòè÷íèõ âåêòîðiâ

(p0α; p1α; . . . ; p(s−1)α)

òàêèõ, ùî äëÿ êîæíîãî ç íèõ iñíó¹ ÷èñëî x(α) :

ν0(x(α)) = x(α),

νj(x(α)) = pjα ∀j ∈ {1; 2; . . . ; s− 1}.

Ìíîæèíà òî÷îê ç êîîðäèíàòàìè (p0α; p1α; . . . ; p(s−2)α) ¹ âñþäó ùiëüíîþ

â îäèíè÷íîìó (s− 1)-âèìiðíîìó êóái.
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ON A SET OF FIXED POINS OF ZERO-FREQUENCY FUNCTION

FOR NUMBERS HAVING QS-REPRESENTATION

The talk examines the set of �xed points of the zero frequency function for the Qs-

representation of real numbers. It is shown that the corresponding set of points

is continuous, dense everywhere and has Lebesgue measure zero.
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