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Íåõàé Ω � íåïîðîæíÿ ìíîæèíà, F � íåïîðîæíÿ ñiì'ÿ íåïîðîæíiõ
ïiäìíîæèí íà Ω. Ñiì'þ F íàçèâàþòü ôiëüòðîì íà ìíîæèíi , ÿêùî

1. ∅ /∈ F;

2. ÿêùî A, B ∈ F, òî A ∩B ∈ F;

3. ÿêùî A ∈ F, D ⊃ A, òî D ∈ F

Ôiëüòð U íàçèâàþòü óëüòðàôiëüòðîì íà ìíîæèíi , ÿêùî äëÿ áóäü-
ÿêîãî ôiëüòðó F íà Ω òàêîãî, ùî F ⊃ U, íàñïðàâäi F = U.

Äëÿ ñiìåéñòâà ïiäìíîæèí W ìíîæèíè íàòóðàëüíèõ ÷èñåë áóäåìî
âèêîðèñòîâóâàòè íàñòóïíå ïîçíà÷åííÿ äëÿ ïåðåòèíó âñiõ åëåìåíòiâ öüîãî
ñiìåéñòâà: ∩W = {B ⊂ N : B ∈ U äëÿ âñiõ U ∈ W}.

Îçíà÷åííÿ 1. Áóäåìî ãîâîðèòè, ùî ñiì'ÿ âiëüíèõ óëüòðàôiëüòðiâ
W ïðåçåíòó¹ ôiëüòð F, ÿêùî ∩W = F.

Òåîðåìà 1. [1] Íåõàé F � âiëüíèé ôiëüòð íà ìíîæèíi íàòóðàëü-

íèõ ÷èñåë. Òîäi iñíó¹ ñiìåéñòâî óëüòðàôiëüòðiâ W íà ìíîæèíi íàòó-

ðàëüíèõ ÷èñåë òàêå, ùî ∩W = F i W ìà¹ ïîòóæíiñòü íå áiëüøå, íiæ

êîíòèíóóì.

Òåîðåìà 2. [1] Íåõàé W1 W2 � ñêií÷åííi ñiìåéñòâà óëüòðàôiëü-

òðiâ íà ìíîæèíi íàòóðàëüíèõ ÷èñåë òàêi, ùî ∩W1 = ∩W2. Òîäi W1 =
W2.
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ON THE INTERSECTION OF FAMILIES OF ULTRAFILTERS

In this article, we study a special types of �lters on the set of natural numbers,

namely, ultra�lters � maximal elements of the set of natural numbers by inclusi-

on. We consider families of ultra�lters, intersections of elements of these fami-

lies. An interesting question is the unity of the representation of the �lter in the

form of an intersection of ultra�lters.
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