YK 518.25

306iXKHICTb PO3BMHEHb Y NaHLIIOIroBi APOOU pO3B’A3KIB MaTPUUYHUX
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B oaniit pobomi npononyemucsi nioxio 07isk MAMPUYHUX PIGHAHb, SKUL 00360J1A€ CYMMEBD YNOYHUMU
YMOBU, NpU AKUX O00UUCTIOB8ANbHI cxemu 0OyOymb  30idcHumu. Ooepowcano nepemeopeHus 07
0OHONEPIOOUYHUX MAMPUYHUX 2SLLISICIMUX JAHYIO206UX Opodie 6 Mampuuui JaHyio206i Opobu i3
6nounumu enemenmamu. Lle oae Ho6i docmamui o3uaku 36iHCHOCME 00 PO36'A3KY ImepayitiHux Memooie
0718 NOTHOMIANBHUX MAMPUYHUX PIBHAHL N-20 NOPAOKY

KarouoBi ciioBa: MaTpuyHi piBHAHHS, KpUTepil 301KHOCTI HAOIMKEHUX METOJIB A0
PO3B’sI3Ky, IEPiOUYHI MATPUIHI JAHIFOTOBI IPOOH.

Beryn. [lns Garateox KiaciB MomiHOMialbHUX MATPUYHHX IiBHSIHB[2] BIaeThcs mopaTu ix
PO3B’SI3KM HECKIHUCHUMH MaTPHYHAMH JiaHIroropumu apodamu (MJL) [4], a HaGmwkeHi
3HA4YEHHS OJIep)KaTH OOYUCIICHHSM NEBHOI KINBKOCTI MOBepXiB Jpoly. SIKiio BBecTH,
HaANPUKIAJ, 0 PO3TJISLy MAaTPUYHE MOJIIHOMIabHE PIBHSHHS 2-TO TOPSIIKY

XAX+X+B=0 (1)

ne A, B e RPP — xpanpatni menynwosi matpumi, a X € R”? — nesinoma matpums, To
iCJIs €KBiBAIIEHTHHUX IEPETBOPEHD IS PO3B’A3KY OJEPIKYEThCS HACTYIIHE PO3BUHEHHS B
onHomnepioguuanid MJIJ]

E

X=—e —— —  .B. (2)
E —i- BA
E-
Jlnist piBHSIHHS BUIY
AX?+BX +C =0, 3

ne AB,C ta X € R”P po3p’a3ok Matume Take possuneHHs B MJIJ]

X =_;E.C, (5)
B—A——.C
B

P03B’ 130K CHMETPUYHOTO KBaIPATHOTO PIBHSIHHS 2-TO TMOPSIKY HEKAHOHITHOTO BUTIISITY
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AX+XB+XFX +C =0 (6)

ne A B,C,F ta X ewmarpumsmu po3mipy Px P, nogaerbes nepioguunamnm MJIIJT

X =—F'B+ EE -(AF7B-C) (V)
A- F_lB+fl~(AF_lB—C)F
A-F"B+.
A 7151 TUCKPETHOTO PiBHSHHS PikkaTi BUTTISILY
AT XA-X —A"XB(R+B"XB)'B'XA+Q =0, (8)
ne A B,C,R,QeR” posp’ssox X € RPP zanucyerncsa nponepimuunum MJIJ]
X=Q+A"- E E 9)
A'BR'BT +A™ E
+AT =
Q A'BR'B" +

P0o3B’s130k MaTpUYHOTO TIONIHOMIaNBHOTO PiBHAHHS [1—TO0 MOpPSAAKY
n .
> AX'=0 (10)
i=0

MOJKe OYTH MMOJaHUN OJTHONIEPIOAUUHUM TiyuiscTuM MJIJ]

n-1 E
X = I:)0 + Zpk : n-1 E (11)
<l p_Q+3¥PR—— —
0 k ; k PO_Qk+

ne B eR™(k=0,1,..n-1) ta Q eR™"(k=1,2,..n—1) — xBaapatui marpuui. Ix

3HAYEHHS € PO3B’SA3KAMU CHUCTEMHU JIHIMHUX aireOpaidyHuX PiBHSAHB [4], CKIaaeHHX i3
koedirienTiB piBusHHsA (10).

s MaTpUYHOrO NOJIHOMIaJbHOTrO piBHSAHHA [ -TO TOPAOKY HEKaHOHIYHOTO
BUTJISILY

X"+ XA+ XA L+ +XA+A =0 (12)

ne matpui A € R (i=0,1,...,n-1), X eR™ a N>2 — uine uncno, po3s’s30k
Ma€ PO3BUHEHHS B OJHONEpioAnYHMM rinscTiid MJI/]

n-1 E
X =P, +Z — = P, (13)

“Lp -Q, + ‘R
0 k Zpo Q + k

ne B, eR™ 1a Q eR™(k=1,2,.., n—1) — KBaJpaTHi MATPHI{ 3 MM €JEMEHTaMH,

3HAYCHHS SKUX € PO3B’SI3KAMH CHCTEMH JIHIHHUX anreOpaidHuX piBHSAHB, CKIAJACHHUX 13
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Koe(iITieHTIB piBHIHHS.
1. KpuTepii 36ixkHocTi

3BUYaliHO X A OIiHKM 30DxkHOCTI HaBenenmx MJIJ| MokHa 3acTOCOBYBaTH JOCTaTHI
o3naku [3], ogeprkani panimie s riyuisctux MJIJ] 3aranbHOTO BUTIISTY

. E

A : C, (14)

- @ E @

“t B +>A - C

O & 2B + @
2=t kKay

Tyr X — 0OanaxoBWil NPOCTip KBaJApPaTHUX MAaTPUIb TOPSAAKY PX P Hax MOJeM
xorwiekcanx  wmcen, K =kK,.K; —  mosmavemms  jim  mymbTHiHZEKCIB,

Ak(.) , Bk(i) ,Ck(,) € X — KBaapaTHI HEBUPODKEHI MATPHUIL po3mipy Px P .
1 1 1

| icnye, npuvomy nuwe ooun poss’szox

Teopema 1 fAxwo oaa ||X|| <€ (O’EHA&‘H

C,, ‘

+1)

NONIHOMIANILHO20 MAMPUYHO20 PIGHAHHS, MO PO3BUHEHHS 34 iMmepayiiHow npoyedypor y
MII] (13) 3 enemenmamu, wo 3a0080IbHAIOMb YMOBAM

1
< n
1+ z HA<(S+1)
ks1=1

36i2aemuvcst 00 Yb020 PO38 S3KYI0.

(s=1,2,3..). (16)

-1
Ks)

C
Ks+1)

II# o3HaKa € MaTPUYHMM aHaIoroM Bimomoi Teopemu Ilpinrcreiima [5],[6] s
3puuaitnux [JIJT [1] 3araneHOro BUTJSILy. AJie, SIK MOKA3ylOTh YHCIIOBI €KCIIEPUMEHTH,
pealbHi Jliana3oHu 301KHOCTI iTepalliifHuX Mpoleayp cyTTeBo mmpii. LlinkoM npupoaHim
€ Oa)kaHHS YTOYHUTH 1[I0 JIOCTAHIO O3HAKY Ha OLIbII By3bKOMY Kiaci nepiogmunux [JIJ1.
Indopmanii npo gocmimxenus 30ixuocti [JIJ] npaktuuno Hemae. Tomy 1ieii aciekt Teopii
po3risiaatu He OyniemMo, a 3ynmMHUMOocs Ha 301KHOCTI riepiognanux MJL/I.

Hexait X — GanaxoBa anre0Opa KBaJpaTHHX MATPUIb MOPSAKY Px P Hagmomem C
. PosnsitHemo opnonepioanynuit MJ1/]

E
E+A- -C
17
E+A- E -C ()

E+A- E -C
E+.

Teopema 2 Hxwo orsn ML (17) icuye maxke dodamue yucio a, wo GUKOHYEMbCS YMOBA
[Allc] < (18)

mo yeti Opi6b € abcoatomHo 30IHCHUM.
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Beenemo temnep 10 po3rALy MAaTPUIHHUNA OTHOTIEPIOANIHAN TULTSICTHN APi0

n E
By+ Y A - - = .C, (19)

< B +YA-——.C
K ;'Ak B, +. k

k

Tyr A,B,,C, € X — kBanparni HeBupompkeni Px p wmarpumi. Hamani 6ynemo BBaxkatn

A&, A2 R A] BiIMIHHUMH BiJl HYJIS .
Teopema 3. kw0 015 0oononepioouunozo zinnicmozo MJIJ (19) sukonyemuvcs ymosa

det(D,,)=0, (i=12..; k=12,..,n), (20)

Mo ICHY€E eKeisaIeHMHULL UOMY 0OHONEPIOOUYHUL MAMPULHUL TAHYIO208ULL IPiO

Bo+(A A .. A)-(E-By+diag(B)+(A A, .. A)x
C, C
x(E-B, +diag(B,)+...)"| ... )
C C

n n

(21)

Teopema 4 fxwo 01 0esk020 NONHOMIANbHO2O MAMPUYHOSO DIGHAHHA HA [THMEP8Aai
||X|| € (O,”(Al, A,... A1)||||(C1’C27---’Cn)”) icHye, npudoMy uue 0OuH pPo36 s30K, Mo
PO38UHEHHS 3a imepayitinoto npoyedyporo) y MIJI/ 3 enemenmamu, maxumu wjo
|(E-B,+diag(B,,B,.....B,)) " <
1 (22)
< (s=1,2,..)).
1+](A Ay AIC Coren G

30i2aemobest 00 Yb02o PO38 ‘A3KY

BusiBisieTbesl, 1m0 9acTo 3aMicTh JBOMNEPIOJUYHUX JAPOOIB MOMXKHA BHUKOPHUCTOBYBATH
PEKYPEHTHI CIIBBIAHOIICHHS, SIKI JO3BOJISIOb MOJATH PO3’I3KU ogHonepianuaumu MJL/I.
Tax mst aonepioguanoro MJIJL, mo oxgepkyeTsest IpoOOBO-NiHIHEMO NEPETBOPEHHIM

E
E

B, +w

s=s(w)=

<A (23)

B, + A

OTPHUMAaHO €KBIBAJICHTHHI 3aKOH KOMIIO3HITi1

E
A, +B,B +wB,

s(w)=B,"A - ABA (24)

Leit pe3yapTaT CyTTEBO TMOJETUIye aHami3 30DKHOCTI iTepamiiHUX MPOLECiB, fAKi
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OJICP)KYIOThCS B PE3yJbTaTi 3aCTOCYBaHHS APOOOBO-TIHIHHUX MEpeTBOpPEeHb BUAy (23) i
JIaf0Th PO3BUHEHHS Y IBOTIEPIOANYHI MAaTPUUHI HENepepBHi ApoOH.

Ipuxnag. 3a ronomororo makera MatLab mpoBoawics po3paxyHKH 3a (popmymnamu

X =B +(B+(B,+X)"A) Ata X =B, +B'A—(A+B,B +XB) ABA is
marpuannmu koedinientamun A (1=12), B (1=0,12) .

B pesymbrati obuncnensr X, =0 B 000X BHIanKax OJepKaHO OJIMHAKOBI 3HAYCHHS

MiAXIAHAX Apo6iB 2i —T0 Ta | —T0 MOPAAKIB BiAMOBITHO Ta OCTATOYHE 3HAYCHHS Xk .

BucnoBku. HaBeseHi TeopeTHyHi JOCTiHKEHHS 1 YHUCIIOBI €KCTIEPUMEHTH T ATBEPIKYIOTh,
0 3 BHKOPCTaHHSAM Teopii mepiomuunux JIJ| BHA€ThCs CYTTEBO MOCTAOUTH SIK YMOBH
30ixHO0CcTI MJI/] B LIioMY, Tak i yTOUHUTH KpUTepii 301)KHOCTI 10 pO3B’A3KY iTepaliitHuX
CXeM i1 MAaTPUIHHX PIBHAHB TOOYJJOBAHUX HA iX OCHOBI.
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CONVERGENCE OF EXPANSIONS INTO CONTINUED FRACTIONS OF
SOLUTIONS OF MATRIX POLYNOMIAL EQUATIONS

Mykola Nedashkovskyy

In this work, an approach for matrix equations is proposed, which allows to significantly clarify the
conditions under which computational schemes will converge. The transformation for one-periodic
matrix branched continued fractions into matrix continued fractions with block elements is obtained.
This gives new sufficient signs of convergence to the solution of iterative methods for polynomial matrix
equations of the nth order.
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